Tables for Strong Pseudoconvexity in Banach Spaces

Table 1: Plurisubharmonicity notions

Concept Conditions Equation Examples
Plurisubharmonic upper semicont. fla) < 5= f027r f(a+e®b)do Re(F), Im(F), ||F[|7*, log(|| F]l»)
f:U — [—00,00) a € U, b arbitrary for F' holomorphic and 1 < p < oc

C? plurisubharmonic C? smooth > ke azjazk( a)bjby >0 Re(F), Im(F), ||F[|7*, log(|| F']|,)
fonlU a € U, b arbitrary for F' holomorphic and 1 < p < o©
Strictly p.s.h. on av.  f upper semicont. ¢(a)|b]]* + f(a) < 5= OZW fla+€b)dd | -]y for 1 <p <2,
f:U — [—00,00) p>0¢€ C'OO(U) a € U, ||b]| small Sovey Lzl /R S ekl Pk < o0
C? strictly p.s.h. C? smooth PR 5, 8zk( a)bjby, > o(a)||b|)? | -], for 1 < p < 2 outside {0},
fonU <,0>O€C’°°(U),a€U,bany oo a2 /RR: S ak]? /R < oo
Strongly p.s.h. on av.  upper semicont. L|b|* + f(a) < 5= 2” fla+ € b)dd | -]y for 1 <p<2
C? strongly p.s.h. C? smooth > ket dZja%( )b b > L||b||? | - |lp for 1 < p < 2 outside {0}

Table 2: Pseudoconvexity in C"

Concept Conditions Equation Examples
W-convex domain inc. union of C* Z?k | 35 8Zk( )¢iCe >0 convex domains &
P-convex domains (e TC(bQ ), p € b2, domains of convergence
C? W-convex C? smooth > ket az ()G >0 B, 1 <p<o0;{z€C?: |22z
domain boundary def. by r s TC( ) p € b2 <1}; {2z € C: Imz < (Rez)?}
C? strictly WU-convex C? smooth Zj b1 azj (p)@fk >0 B, 1<p<2
boundary def. by r (e TC(bQ) p € b
C? strongly W-convex C? smooth > k=1 5% aZk( )¢ Gk > L[C]|? By, 1<p<2
boundary def. by r & |Vr(p )| > M;pelU DI
Strongly W-convex  inc. union of C? str. W- > ket @Zjazk( p)¢;C > L[C]? Bp,1<p<2

convex w. same bounds™ & |Vr,(p)| > M;p € U D b0




Table 3: Strict Pseudoconvexity in Banach spaces

Concept Conditions Equation Examples
Strictly W-convex QN F strongly W- re:UDWQNF — [—00,00) By, 1<p<2
) C X Banach sp. convex, if dimF' < oo str. p.s.h. on av. def. bQ) &

Trp = inanN(TF)na |V(TF>n| Z M

Strongly W-convex

b2 is def. around p € bQ by  L|w||* + rp(z) < &= fo% rp(z 4+ €?w)dd By, 1<p<2

) C X Banach sp. rp: Uy 2 p— [—00,00) zelU,weX
Uniformly W-convex bQ) is def. by Lijwl> +7(z) < & [T r(2 +e®w)d) By, 1 <p<2
2 C X Banach sp. r:U Db — [—00,00) zelU,weX




